In this paper wgt give, a simple and comprehensive approach to the stationary o.~ regenerative sets, based on the Kuznetsov measure associated with an increasing process CD with independent increments and Lebesgue initial distribution. The range (closure of the image) of such a process with independent increments form a stationary regenjerative set on the entire real line. We--show that the underlying distribution of the L.. regenerative set is finite iff the expectations of the increments are finite. The regenerative sets studied so far had finite underlying distribution P. In recent years, however, a new type of Markov processes emerged for which the underlying "probability measure" P is not finite but a-finite. Accordingly, the visiting sets associated with such processes have infinite underlying distribution.
In this paper we present a simple method of construction of stationary regenerative sets which deals both with finite and infinite underlying distribution. We The paper structured as following. In section two we give general properties of subordinators which are necessary for a construction of stationary sets. In the third section we study the range of the staionary subordinator with Lebesgue onedimensional distribution. We show how to obtain a stationary regenerative law via the distribution of the stationary subordinator. In the last section we prove that -NI has the same law as M.
2. Generalities.
In our notations and difinitions we follow Maisonneuve [9] , Fitzsimmons, Fristedt and Maisonneuve [1] with corrections made in Maisonneuve [10].
We denote by o a collection of all closed sets of R. For E° , t E P put,
We will call a random set on a space (Q,F) a measurable mapping Let (2,F,P) be a probability space with a-finite measure P and let G t be a filtration of F.
(2.1) Definition. A random set M on (R,F,P) is regenerative if the process D t = d t o M is adapted to G t and there exists a probability measure P on (Q°,G)
with P 0( r) = I such that for all t E IR and all f E bG° (the set of bounded ?~ measurable functions).
(2.2)
The measure P is called the law of regeneration.
Let (Xt,P x ) be a subordinator on (Q,F) that is an increasing process with independent increments with respect to a filtration Ht' and transition probabilites 
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Let U(x,F) be the potential kernel of the process X:
In view of obvious relation (2.6) Px{f(Xt)} = P {f(X tx)}, we have that
where U(P) = U(O,F). From (1.3) and (1.5), using Fubini's theorem , we get Proof. Take Laplace transform of the measure in the right hand side of (2.11).
By (2.7) and (2.8)
Thus the Laplace transform of the right hand side of (2.11) equals the Laplace transform of the left hand side.
Lot W be the set of all trajectories Yt, -M < t < + -endowed with the x Kolmogorov a-field F. Let P be a family of transition probabilities on
The next theorem is a particular version of the result of Kuznetsov [6] . Let T be a F-measurable random variable, where F is a Q-completion of F.
We call T intrinsic if T = u + T o u for each u E R. u (3.1) Pruposition. Let S and T be two intrinsic times and let A E F be an
invariant event that is a-A= A for all u E R. Let and P be any two nonnegative Proof. 1 Let Q be the law on R x 20 of (T,M) under Q. Then for f bcbB and g bG, g h(r ,r ,.... ,r ). Then (we put T = T below).
The second equality in (3.3) is due to the stationarity of the process Y under the measure Q. By virtue of Getoor [3] , Q can be represented as
where P is a Z-finite measure on S (i.e., P is a countable sum of finite measures) 
-
By virtue of Proposition (3.10), P = P, therefore (3.14) equals P(A). This shows -x that P is the law of a stationary set. In view of stationarity, (3.15) will hold if D 0 is replaced by T t . The latter shows that P has regenerative property with the law of regeneration PO.
Let f

3.
In view of (3.9) and Proposition (3.10) P(001 = P(r Ei} = T( R)
5
= X + fnl]x,-dx = X + fxflldx). 0
Thus P(f } < -iff (3.12) holds.
Reversability properties of regenerative sets
For simplicity we will consider here only perfect regenerative sets. Discrete case is treated similarly. For this sets the regenerative law P is the law of a strictly increasing subordinator.
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